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A Theorem on the Regularity of Measures
Wu Zhan-sun

The main results of this paper are the following: Let M be a ring of subsets
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of a fixed set £ and let A,B be a class of subsets of 2 respectively such that
for each measure # in M(i.e. nonnegative, finitely additive real set function)
A approximates M inside with respect to the measure # and B approximates
M outside with respect to the measure #, '
Let X be an arbitrary set and C be a family of maps which are on X into £.
Let S be the ring generated by { f~!' (E): feC, EcM } and let 6(S)be the
6 - ring generated by S, let
Z=({f'(4): feC,4eA } ), ,
U=({f ‘(B) feCyBeB | )ge »
Z* = {n Z Z is a finite or countably subclass of Z},
U*={u U= U is a finite or countably subclass of U },

We have 1) for each measure v in S,Z approximates S inside with respect

to the measure » and U approximates S outside with respect to the

measure vy ; ’

2)ior each countebly additive measure v ,Z* approximates ¢(S) inside
with respecf to v and U* approximates ¢(S)outside with respect to v

3)let v be a countably additive extended real valued measure in 6(S),then

i) if each E € 6(S) such that v(E)<<+ o0 is(y,U*)o—{inite(*1, then U*
approximates ¢(S) outside with respect to v ;

ii)for each (y,Z*) o—finite set E € ¢ (S), Z* approximates E inside with
respect to v,

The results mentioned above generalize some known theorems about
regullarity of Baire measuresin ( 3 ),( 4 ).

[ #) Letv beanycountably additive extended real valued measure in ¢(S) and K
be a class of subsets of X, we say that F¢¢ (S)is (v,K) 6—finite, if there are K, ¢
K, 4,. Boco(S), n=1,2,3,--+-+ ., such that 4, © K,, ©B,, »(B,)<+ ®,n=1,2,3,
...... . and EC U
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